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Abstract This paper deals with the stabilization of DC/DC boost converter and the nonlinear phenomena
elimination using a constrained Backstepping technique. Based on the converter averaged model, the pro-
posed control approach is designed and the input to state stability concept is used to proof the system global
stability. Furthermore, the structural stability is proven to show the efficiency of the proposed approach to
suppress the nonlinear phenomena exhibited by the converter. The simulation results illustrate the different
regions of stability of the system and the bifurcation diagrams are given to show the effectiveness of the
proposed approach in terms of nonlinear phenomena suppression.
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1 Introduction

In nowadays, the demand on energy is increasing and consumers claim for safe, clean and renewable resources
like sun, wind and hydrogen. To this end, industries are developed around the PV panels, wind turbines,
fuel cells, storage elements and other devices for optimal electricity production and storage. In all steps,
from the electricity production to the deliverance to the end consumer, the converters play an important
role in each phase of the process [29, 30, 33].

The objective of the converter is to shape the energy according to the demand using a switching mechanism
governed by a control law. For years, many models and control techniques are proposed to analyze and to
master the power converter complex behaviors. Indeed, many methods to analyze and control bifurcations
and chaos in converters like Boost, Buck, Buck-Boost and other systems that suffer from these undesirable,
complex and abnormal behaviors are reported in [2,13,17,37-39].
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Researchers were mainly interested in the design of the adequate and the effective methods of analysis and
control to achieve requirements like stability, performances and to deal, as well, with physical limitations
of the converter elements. To this end, fuzzy logic based techniques are used in many works [8,23] and
ensured satisfactory results. Nevertheless, fuzzy logic techniques need an accurate knowledge of the system
behavior based on the human experience. On the other hand, the sliding mode based methods are used for
the same task in [21,28]. However, the main drawback of such approaches is the chattering phenomenon.
The predictive control approaches, with the inherent propriety of optimal prediction, can ensure better
tracking of the reference as reported in [4,7]. The controllers based on state feedback are the most used for
their simplicity and reduced cost of implementation [11,20]. When the performances of the aforementioned
controllers are not satisfactory, the Backstepping can be a good alternative. Indeed, it presents the advantage
to be a systematic design approach based on Lyapunov theory and it proved its effectiveness in many
frameworks [9, 10,22, 34].

Besides control performances, we are looking for effectiveness and ease of implementation. In this context,
the digital controllers offer better results and are more efficient than the analog ones due to the rapid
growth of the calculators’ technology. With calculators, we can implement a digital controller directly or
a discrete version of the continuous controller. In the case of switched power converters, the switching
period must be the smallest that the setup can support to ensure performances with global asymptotic
and/or exponential stability [3,5,12, 14,15, 18,27, 31, 32,35,36]. On the other hand, materials such [1, 6,
16,19, 24, 26, 37| studied the effect of the commutation frequency on the system qualitative behavior. It
concluded, from the aforementioned materials, that the increase of the switching frequency is an efficient
way to suppress nonlinear phenomena from the operating domain of the converter. However, imposing
constraints on the switching period leads to a limited performance and enhancing this last, by increasing
the switching frequency, can be an expensive solution or even impossible one due to the physical limitation
of the switching elements.

To deal with this problem, we introduce in this paper some constraints on the controller parameters instead
of those on the commutation frequency. Furthermore, we are interested by the plant structural stability
due to the fact that global stability is not sufficient to ensure the same simple and predictable qualitative
behavior of the system in the presence of disturbances. Besides the system global stability, our objective
is to drive the system to work in a simple period one region and suppress all nonlinear phenomena such
as bifurcation, chaos or other complex nonlinear behaviors. To this end, we developed a Backstepping
controller based on the averaged model of the converter. The global stability analysis allowed us to obtain
constraints on the controller parameters and the switching period. We keep constant the switching frequency
and we play on the controller parameters to ensure the desired behavior of the system. Finally, the system
structural stability is discussed as a continuity of the obtained asymptotic global stability.

Simulations are carried out to show the effectiveness of the proposed approach, to define the different
regions of stability and to demonstrate the efficiency of the proposed controller to suppress undesired and
abnormal behaviors of the converter.

The remains of this paper are given as follows: in the next section we present the converter model and
the proposed Backstepping control law. In section 3, we analyze the whole system stability and in the last
section we illustrate some simulation results that show the efficiency of the proposed approach and the
obtained performances.

2 Backstepping control of the Boost converter

The Boost converter is depicted in figure 1. The block of Pulse Width Modulation (PWM) is omitted in
this figure and supposed to be well-designed.
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Fig. 1: Boost converter

The averaged dynamics of the converter, over a switching period T', are described by the model (1).

. v,
J:1=Ty—%(1—d)l‘2 1
. (-—ad) x5 ( )
T2 = "¢ T~ RC

with 1 =< i >7 and 22 =< vc >7 the averaged values, over the switching period, of the inductance

current and the capacitor voltage respectively.

To track a reference current I,.r, we use the developed Backstepping control law:

d= (@~ (- + (et e —des + 1Dy O Dy, (fjfd) /s @)

with c1,c2 positive parameters of the controller, e1 = 21 — Ircy the current error, %2 the virtual control,
Z2

ez = 22 — § the virtual control error and § the objective function given by (3):

_ 1 Vo _
0 = (1—d) |:C161—|— 7, Iref (3)

The error dynamics are:

{é1 = —ci1e1 — (1 — d)€2 (4)

é2 = (1 — d)€1 — C2€2
and the equations of the closed loop system are:

{e_ = f(e.d)
d=g(e,d)

5 N2
where é = <Z;>, g = (g1e1+ g2e2 +g3) /9, g1 = (C% ol olnn (ng) -1 _d)2)a 92 = (Cl te— %) (1-

1-d)? Vy
d)vg3:((L ) Iref_RTC

The discrete version of this model is:

é = f(e(t),d)
d=g(e(t),d) +ex (5)

{e = f(ead)
d= g(e(tk)vd)

with ey the error between the continuous model and the discrete one, i.e.:

(6)

er = g(e(t), d) — g(e(tr), d) (7
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3 Stability analysis
3.1 Global stability

Before we analyze the system stability, let us introduce the following proprieties related to the main question:

1. The equilibrium point of the system is: (e,d) = (0, D) with 0<d<1 that fluctuate around the value D

at steady state.
2. The system is input to state stable (ISS): |e] < M exp(—6t) + v sup (exp(—0(t — 7))|er(7)]), Vt > 0,
0<7r<t

with 6 = —min(e1, c2), M1 = /2V(t = 0), v a positive constant and V(.) the Lyapunov function.
3. The system dynamics are bounded: f(0,d) = (8), |f(e,d)| < Ble| with 8 = \/c% +c2+1+]c1 —cof
4. The system is Lipschitz: |f(e,d) — f(y,d)| < Ble —y|.

with e = (Zl) and y = <zl) two different values of the error, N = 61mazg12 + €102maz0imaz With
2 2
O1maz, 02maz, g12 positive parameters defined in the appendix.

Proofs of the above proprieties are given in the appendix.
Based on these proprieties, we can announce the following theorem:

Theorem 1 For the converter given by equation (6), the system is globally asymptotically stable if the
following constraints are verified:

1. e1(0) = —Ircy (null initial condition)
2. c1 < %if
3. ByN < %

Proof The first condition means that the inductance is initially discharged which is a trivial condition
and easy to verify. The error is bounded starting from e;(0) = —I,.s and converges exponentially to zero
according to the ISS propriety. Indeed, —I ..y < e1 means that: —c1l,cr + % <cie; + %

From equations (2) and (3) with 0 < d < 1 and the positive objective function, we have:

(cre1 + ¥2) > 0,Ver <0

Leading to:
1 1

Vg v,
crei+— —cilpef++

So, ¢1 < L}/jcf
Hence, for the last constraint, the system is ISS and has the form:

e(t) < Myexp(=0t) + sup (exp(=0(t = 7)) lex(7)] (9)

and the global asymptotic stability will be proven as follows:
From equations (7) and (8) we have:

lex(t)] < Nle(t) — e(tr)] (10)
Using (9) and (10) we obtain:

le(t)] < My exp(—6t) +yN sup [exp(—0(t —7))[e(r) — e(tx)]] (11)
0<r<t
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exp(0t)|e(t)] < M1+ N sup [exp(07)|e(T) — e(tr)]] (12)
0<r<¢t

We have: .
e(t) = e(ty) + /t Fle(r), d)dr

e(t) — e(t) = [ (Fe(r).d) = Fe(t).apir + [ fe(v). s
o(t) = e(t)| < [ 1560, d) = Flelew). Dl + [ |5(e(tr). Dlar

elt) = e(t)| < 8 [ le(r) = e(t)ldr + BTIe(t)
and using Gronwall-Bellman Lemma [25] we obt;in:
t) — eta)| < BT exp(T) e(te) (13)
Leading to:
e(t) — e(ta)| < BT exp(BT)e(tx) — e(t) + e(t)

So,
(1 — BT exp(BT))le(tr) — e(t)| < BT exp(BT)]e(t)]

If (1 — BT exp(BT)) > 0 then:

BT exp(BT)

(1 AT exp(p7)) ") (14)

le(t) — e(t)] <

and

- BT exp(ST)
Ozlil;texp(OTﬂe(tk) e(r)] < 02}}; (1 — BT exp(BT

From (12) and (15) we have:

) exp(67)[e(7)] (15)

BT exp(BT)
(1= BT exp(BT)) o>, P O7)le(7)]

exp(0t)|e(t)| < M1 + M2 sup exp(67)|e(T)]
0<r<t

exp(0t)|e(t)| < My + N

o . NBT exp(BT)
\S;vlth. Mz = = gramsT)
07

sup exp(67)|e(T)| < M1+ M2 sup exp(07)|e(T)]
o<r<t 0<r<t

Hence,
(1- Mz) sup exp(f7)le(T)| < My
<7<t

If (1 — M2) > 0 then sup exp(67)|e(r)| < %\142
0<r<t

Which mean |e(t)]| < (1M1\1/1 5 exp(—0t) and

Jim [e(®)] = 0 (16)



6 Zineb MADNTI et al.

Hence, the global asymptotic stability is verified when the following conditions are verified:
1— BTexp(BT) >0 17

1—M; >0 (18)
With the fact that ST > 0,exp(8T) > 1, the inequalities (17) and (18) can be merged in the following

unique condition:

1
N _
By <7

3.2 Structural stability

To study the closed loop system structural stability, let us illustrate the loop portion containing the PWM
block depicted in figure 2. The controller followed by the saturation block deliver, at the instant kT, a
value of the duty cycle within the interval d €]0,1[. This last will be kept constant during the actual (k")
commutation period and compared to sawtooth signal to generate the OFF switching signal while the
clock pulse generates the ON signal. The latch RS helps on obtaining a unique commutation during each
switching period. A well-designed PWM generates one commutation signal by switching period.

e, -
B l . : "_— Compar. :
ackstepping d ‘ZTS? ~ b N/
Controller [ X T R T -
—— !
1A: o ¥
0<d<l LT —Ss . 5z
| 1 1 1 Y
i PWM Clock : s g

Fig. 2: Controller with PWM block

Proposition: The proposed Backstepping controller ensures the system structural stability if:

1. The controller parameters c1,ca2 are chosen within the stable zones
2. The PWM is well-designed to ensure only one commutation by switching period

Proof If we suppose that the system attain the reference current at the instant ¢t = kT, the 1% condition
means the asymptotic stability of the system; hence,

< >T)=< 4L >((k+1)T)= Lref

On the other hand, the unique commutation during each switching period means that we have unique cycle
of inductance charge-discharge during a switching period with the same averaged value; hence,

ip(kT) = ip((k+1)T)

This invariance of the converter dynamical behavior means that the same cycle of inductance charge-
discharge is repeated during the steady state which proofs the structural stability of the system.
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4 Simulation results

In order to show the efficiency of the proposed approach and to illustrate the ensured global and structural
stabilities, we use the converter parameters given in table 1.

Parameter Value
Input voltage (Vg) 15V
Load (R) 3082

Inductance (L) 20.1073H
Capacitor (C) 68.1076F

Table 1: Converter parameters

Next, we use the proposed approach to define the stability regions, we validate the proposed controller and
we show its efficiency to ensure the system global and structural stabilities.

4.1 Global stability regions

In what follows, we explore the plan searching for global stability regions of the system. The obtained

results are depicted in figure 3.
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Fig. 3: Stability region (c1, c2)

From figure 3 we remark the slight effect of the parameter co on the system global stability. Indeed, this
fact is expected from the 3"¢ constraint of the theorem where for high frequencies the right term tends
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practically to infinity and any value of co verifies this constraint. However, the parameter ¢; must verify
the 2"¢ constraint of the theorem; that depends on the system parameters (V and L) and the reference
current. Hence, we can define the system stability region based only on ¢; and this fact reduces considerably
the complexity of the study. From practical point of view and as mentioned in the theorem, the system
global stability depends also on the switching frequency, the reference current and the load value. Figures
4, 5 and 6 summarize the effect of these parameters on the system stability.

Figure 4 shows clearly the fact that the increasing of the switching frequency leads to enlarging the
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Fig. 4: Stability region (c1,c2,T)

stability zone. However, we should mention that for practical convince we should increase the frequency
till we approach the switch sw nominal frequency; after that we decrease the parameter c¢; value to obtain
the wider region of stability.

Figure 5 confirms the 2"¢ constraint of the theorem. Indeed, it shows that the increase of the reference
current leads to the shrinking of the stability zone. Hence, to ensure the system stability, the level of energy
to attain by the converter should stay in a reasonable interval. The parameter c;, then can be used to
enlarge the stability zone and to ensure that the converter operates in a safe stable zone.

From figure 6 we state that the effect of the load on the system stability is quite linear and the increasing
of the load value leads to a larger stability zone and a larger interval for a safe choice of the parameter
c1 value. This fact can be physically understood due to the fact that for important values of the load,
the system is more dissipative and consequently more stable. However, for slight load, the stability zone is
reduced and for stability requirement the ¢; must take small values.
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4.2 Nonlinear phenomena elimination

To study the nonlinear phenomena exhibited by the converter we use the bifurcation diagram as analysis
tool. The abnormal behaviors of the converter are obtained using the following feedback control law:

L Iref—iL
d=— (el —°F
P (5
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At first and to show the effect of switching frequency on structural stability we illustrate the bifurcation
diagrams for two values of the switching frequency and for both cases of the bifurcation parameters; reference
current and load.
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(a) T =5.10"5 (b) T=10"°

Fig. 7: Abnormal behaviors varying I .y

Figure 7a shows that the system has a simple period-one (1T) behavior till the value 1.98 A of the reference
current; beyond this value the system exhibits period doubling bifurcation and chaos for important values
of 5. To solve such problem, we can increase the switching frequency to force the system to have a simple
predictable 1T behavior. Indeed, if we increase five times the switching frequency, we state from figure 7b
the enhancement introduced on the system behavior and the total suppression of the complex nonlinear
phenomena. Similarly, the original behavior in the case of load variation (figure 8a) contains 1T behavior
for slight loads till the value R = 30(2 and beyond this value the system behavior becomes more and more
complicated until it reaches the chaos zone. By increasing the switching frequency the system behavior
becomes simpler and predictable and the zone of 1T behavior becomes wider and occupy the whole range
as shown in figure 8b.

Figures 7 and 8 confirm the fact that the switching frequency increase can be an effective solution
to suppress abnormal, complex and undesirable phenomena from the converter behavior; however, this
increases stress on the switching element and is an expensive solution or even impossible one for high
frequencies requirement and due to the physical limitation of the commutation element.

The proposed solution was to ensure the same performances and stability using, instead, the controller
parameters (c1, c2) while keeping the switching frequency in reasonable range to avoid the aforementioned
issues. Indeed, if we choose ¢1 = 70, c2 = 900 and we fix the switching period at T' = 5.1075, the obtained
results are given in figures 9 and 10 for varying I,.s and R respectively.

In the case of varying I, and comparing the proposed controller result of figure 9b to the original behavior
of figure 9a and to the switching frequency based enhancement of figure 7b, we remark that the proposed
Backstepping ensures the simpler 1T behavior on the whole range without frequency constraints on the
switch. Indeed, even the proposed controller (Fig. 9b) uses the base switching frequency (T' = 5.107°), it
ensures better results than those obtained with increased switching frequency solution (Fig. 7b). Finally,
when the load is subject to variation, we remark from figure 10b that the proposed controller, operating
with the base switching frequency (T = 5.1075)7 enhances considerably the original behavior depicted in
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Fig. 8: Abnormal behaviors varying R
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Fig. 9: Enhanced and original behaviors varying Ir.f, (c1 = 70,c2 = 900,T = 5.1079)

figure 10a and ensures better performance and simpler behavior than the one ensured by the solution based
on increasing the switching frequency (Fig. 8b).

5 Conclusion

In this paper, we developed a Backstepping control law for a DC/DC Boost converter. Besides the control
performance, the global stability of the closed loop system is proven as well as the structural stability. We
showed, on the one hand, that the system stability is mainly related to one parameter of the controller which
simplifies, considerably, the control and the stabilization tasks. On the other hand, the proposed approach
ensured the total suppression of abnormal and undesired phenomena from the operating domain of the
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Fig. 10: Enhanced and original behaviors varying R, (c1 = 70,c2 = 900,T = 5.1075)

converter instead of increasing the switching frequency. Simulation results confirmed the different theoretical
conclusions and showed the efficiency of the proposed approach to stabilize globally asymptotically the
system and to ensure a simple forcastable period-one behavior of the system on the whole operating domain.

A Appendix
A.1 Equilibrium point

The equilibrium point satisfying (¢, d) = (0,0) is: (e,d) = (0, D)

A.2 Input to state stability
The Lyapunov candidate function is: V' = (e% + eg)/2 and its time derivative is: V = 7816% — 0263, hence:
V < —min(er, c2)(e? + €2)

V< —2min(c1,c2)V

and we can obtain:
V <V (t =0)exp(—2min(c1, c2)t)

le] = V2V

le] < /2V(t = 0) exp(—min(c1,c2)t)

This expression has the form:

le] < My exp(—6t) +~ sup (exp(—0(t —7))|ex(7)]),¥t >0
0<r<t

where: 0 = —min(c1,c2), M1 = 1/2V (¢t = 0),y = 0. which confirms that the system is input to state stable.
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A.3 Boundness

We have: f(0,d) = (8),

|f(e,d)| = \/(C? + (1= d)?)e? + (c3 + (1 — d)?)e3 + 2e1e2(1 — d) (1 — c2)
With the fact that: 2e1e2 < (€2 + €2),

(1 —d)(e1 —c2) < er — ez (A1)
and

(d+01-d)?) <(i+1) (A.2)

(B +(1—-d)?) <(5+1) (A.3)

we can obtain

Fle.d)| < \/(cGed + 3e) + (€ + €d) + (¢ + B)ler — e

Fled)] < /(G + 3 +1+ |1 — cal)e?

Hence,

|f(e, d)| < Ble|

A.4 Lipschitz property

For the error system, we have:

_(—cie1—(1—=d)ea+ciy1 + (1 —d)
f@@—ﬂ%@—(ét@m_mwigﬁbw+wgﬁ

|f(e,d) — f(y,d)| = \/(—01(61 —y1) — (1 —d)(e2 = v2))* + (1 = d)(e1 — y1) — ca(e2 — y2))?
Using the inequalities (A.1), (A.2) and (A.3) to obtain:

[F(esd) = £y, d)| < /(S + 1D(er = 91)2 + (B + D(ea —42)% + 2e1 — y1)(e2 — wa)ler — 2

|f(e,d) — f(y,d)| < \/(Cf +e3+1+er —e2)((er —y1)? + (e2 — y2)?)
Hence,
[f(e,d) = f(y,d)| < Ble — ]
which confirms the Lipschitz property of the error system.

For the control law, we have: g(e,d) = 61(e)d2(e) with d1(e) = (1-d)

cre1+Vy/L
lg(e,d) — g(y,d)| = |61(e)(d2(e) — d2(y)) + d2(y)(d1(e) — d1(¥))]

lg(e,d) — gy, d)| < |61(e)||(J2(e) — S2(¥))] + 162(y)[61(e) — d1 ()]

01 < d1maz and [02(e) — d2(y)| < g12l(e — y)| with g12 = |g1maz| + |92max|
and ‘52| S 62maz with 62ma,:1: = G1maxz€lmazx + 92mazxz€2max + 93max

and d2(e) = gie1 + gae2 + g3 allows obtaining:

|61 (6) -8 (y)‘ < cla%maz‘e - yl

Hence,
‘9(67 d) - g(y7 d)| < N‘e - y" N = 51maw912 + Cla?maﬂ?(s%maz

This concludes the proof of the Lipschitz propriety of both error system and control law.
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A.5 Maximum values calculation

d1mazx =7
Since 0 < d < 1, we can write:

1
< —""—<§
cle +Vg/L > Olmax

we shown that the error is bounded, has an exponential form and vanish from its maximum value (the initial value). If we
consider that the system is initially uncharged (e1(0) < —I,ef) then —cilcp + Vy/L < c1e1 + Vy/L. The positiveness of
the objective function § = rld)(cl el — jref + V4 /L) with constant reference current leads to:

1
_Cll'ref + Vq/L

61maz =

domazx =7
Similarly to the previous calculation, we can write:

1—d)? 1
Camap< BT g gp e L ap A4
a-a?< D qap< (g (A4)
and 1 1 1
< — —(1—d)? < —
+LC'<LC' ( )<LC
Hence,
=2 - L i‘
91imazxz = |C] RO C
We have also 0 < (¢1 + ¢2)(1 —d) < (¢1 + ¢2) and 1;7(1,' < —R—lc(l — d) < 0 which give:

92max = C1 + C2

The fact that 0 < d < 1, allows obtaining:
1 Vy

93max = ﬁlref - RLC

and finally,
02maz = Jimaz€lmaz + 92maz€2maz + 93maz
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